Abstract. By using a generalized Riccati transformation, sufficient conditions are established for the oscillation of solutions of partial differential equations with delays of the form d_ dt Q p(t) Wt <*,t) = a(t)Au(x, + ^a k (t)Ati(x, t -ek (t)) -q(x, t)u(x, t) Jfe=l -22
Introduction
Recently, the fundamental theory of partial functional differential equations have been studied extensively. We refer the reader to the monograph by Wu [1] . Simultaneously, many papers are devoted to investigating the oscillation of partial functional differential equations. For example, see [2] [3] [4] [5] [6] [7] [8] [9] and the references therein. In this paper, we study the oscillation of solutions of partial differential equations with delays of the form (2) is said to be oscillatory in the domain G = ii x [0,oo) if for any positive number /i there exists a point (xo,to) 6 ii x [/¿, 00) such that u(xo,to) = 0 holds.
In section 2, sufficient conditions sure obtained for the oscillation of the solutions of the problem (1), (2) in the domain G by using a generalized Riccati transformation. We note that conditions for the oscillation of the solutions for p(t) = 1 have been obtained in [3] . Proof. We shall prove that the inequality (3) has no eventually positive solutions if the conditions of Theorem 2 hold. Suppose that V(t) is an eventually positive solution of (3). Then \p(t)V'(t)]' < 0 for t > t\. Hence
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is a decreasing function in the interval [ii, oo). We can claim that 
F(i) -V(T) < p(T)V'(T)
/ -r-r,i > T.
Jt

P\ S )
Therefore lim t _ too V(t) = -oo, which contradicts with the fact that V(t) > 0. From (3), for the jo in (5) we obtain 
Define
Then
W'(t)< -2<j>(t)W(t)
Using the fact that p(t)V'(t) is decreasing, we get p(t)V'(t) < p{t -a jo )V'(t -a jo) ) for t > t x .
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Thus (8) W'(t) < -2<j>(t)W(t)
+ * (i, { - w -W^S - ' iMt)] '} = -2<j>(t)W(t)
p(t-aJo)*(ty
Hence, for all t > t2 > ti, we have [ H(t, s)i/}(s) ds Jt2 < HdMWM -£ { ( - §-3«M)WW
+ = if(t,f2)W(ii) -jf {h(t.+ =.fl(t,t2)W(i2)
Then, for all t > t2 > h 
This implies that for every t > t\
< fT(i,ti)W(ti) < £T(i,ii)|W(ti)| < F(i,i0)|W(ii)|.
Oscillation for solutions
H(t, sMs) -^(s)p(s -a j0 )h 2 (t, s)
Then, for all t > ti we have
By condition (Al), it is equivalent to (5). It follows from Theorem 2 that every solution of the problem (1), (2) is oscillatory. 
THEOREM 3. Let H(t, s) and h(t, s) be as in Theorem 2, and let
(11) 0 < inf (liminf ^Ar1 < oo. s>t 0 \ t-oo ff(t,
ti [t, to)
This implies
E(t) >M 2
for all t > t 3 .
Since M2 is arbitrary, then we have (21) lim E(t) = 00. t-»00
Now we consider a sequence in (ii,oo) with limn-.oo t n = 00 satisfying
lim [£(*") + F(tn)] = liminf[E(t) + F(t)]. n-»00 t->00
It follows from (17) that there exists a number M such that •
C'(ln) E[t n ) 2
Hence, < -^ for all sufficiently large n. ¿(i n ) 2
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This and (24) imply that (25) lim = oo.
V ' E(tn)
On the other hand, by the Schwarz inequality, we have
H(tn,h)Jtl p(s -<Tj0)$(s) KJ J ~ F(tn) {ff(^ P( " ~ s)
for any positive integer n. Consequently,
But, (20) guarantees that
Uminf Whhl > Ml .
n-»oo H(t, to)
This shows that there exists a <4 > t\ such that > Ma for all t > ¿4.
Thus, (1), (2) is oscillatory in G. 
H(tn>ti)
^limsup 1 jT {(* -8) n 1>{8) -^(t -s) n - 2 $(s)p(s - ds = OO,
where $(s) and ip(s) are defined as in Theorem 2. Then every solution u(x,t) of the problem
where $(s) and ip(s) are defined as in Theorem 2.
Then every solution u(x,t) of the problem (1), (2) is oscillatory in G.
The proof of the following theorem is similar to that of Theorem 3 and we omit it. On the other hand, we easily check that all conditions of Corollary 4 are satisfied. Therefore, we also obtain that every solution of the problem (31), (30) oscillates in (0, n) x [0,00). Remark. Analogously to the technique of this paper, we can consider the boundary condition u(x,t) = 0, (x,t) € d£I x [0, oo). Due to limited space, their statements axe omitted here.
THEOREM 4. Let H(t, s) and h(t, s) be as in Theorem
